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AHHOTaUlHSI 

Bbo^htch HOBoe noHHTHe cneiinajiBHOCTH jiarpaHJKeBbix noflMHoroo6- 
pa3HH, yflOBjieTBopaiomHx ycjiOBHio Bopa - 3oMMep(J)ejibfla, fljia ajire6- 
paHMecKHx MHoroo6pa3HH. rioKasbiBaeTCH, ’3 to TaKoe ycjiOBHe nosBOjia- 
BT CTpOHTB KOHe’3HOMepHbie MOflyjIH CnepHajIBHbIX 6op - SOMMepcjjejIbfl- 
Bbix jiarpaH>KeBBix noflMHoroo6pa3HH OTHOCHTejiBHO jiio6oro o6HjibHoro 
jiHHeiiHoro paccjioeHna. KoHCTpyKpHH mojkbt 6biTB Hcnojib30BaHa b hc- 
cjieflOBaHHax sepKajibHoii chmmbtphh. 

CymnocTb sepKajibHOH CHMMeTpnn b HaH6ojibmeH o6in,HOCTH 6bijia Bbipa- 
jKCHa K).H. MaHHHbiM kbk “flBoiicTBeHHOCTb CHMnjieKTHnecKoii reoMeTpHH h 
KOM njieKCHOii KSjiepoBoii reoMeTpHn” (cm. [1]). Asa ajireGpaHnecKHx KSjiepoBbix 
MHoroo6pa3Ha: M, W noHHMaiOTCH kbk “sepKajibHbie napTnepbi”, ecjiH hckoto- 
pbie npoHSBOflHbie oG^jeKThi, nojiynacMbie b paMxax ajireGpanHecKofl: h chm- 
njiCKTHHCCKOH reoMeTpHH M, W nepcKpecTHO SKBHBajieHTHbi: nanpHMep, b Fo- 
MOJiorHHecKoit seKpajibHoii chmmctphh M. KonpeBHTia (cm. [2]) nponsBO^HaH 
KaTcropHH KorepcHTHbix nyHKOB M .nojiacna Gbitb SKBHBajieHTHa KaTcropHH 
OyKaa - Ojioepa W ii naoGopoT. 

A.H. TiOpHH, nOCBHTHBniHH MHOrO JICT HCCJieflOBaHHK) CTaGHJIbHbIX BCKTOp- 
Hbix paccjioeHHii, npenojiaraji 6ojiee reoMCTpHnecKoe cooTBCTCTEHe: cootbct- 
CTBHe Me>K^ BCKTOpHblMH paCCJIOCHHHMH H JiarpaHiKCBblMH no/i,MHoroo6pa3H- 
HMH (cm., Hanp. [3]). A hmchho, fljia napbi TpncjDOJiflOB M, W HCTHOMepHbie ko- 
roMOjiOFHH npcflCTaBjiHiOT Kjiaccbi Hepna BCKTopHbix paccjiocHHii, h3 KOTopbix 
cocTaBjiHiOTCH KOHCHHOMepHbie MHoroo6pa3HH Mo;i,yjieH CTaGnjibHbix BCKTopHbix 
paccjioeHHii, a cpe^HHe neaeTHbie KoroMOJiornH mojkho peajiH30BaTb jiarpanace- 
BblMH nO,II,MHOrOo6pa3HHMH, H3 KOTOpbIX HCoGxOflHMO 4)OpMHpOBaTb KOHCHHO- 
McpHbie MHoroo6pa3HH mo^jich, h Tor^a noaBjiacTca BO3MO>KH0CTb cpaBHenna 
3THX AByx cepHH MHoroo6pa3HH MO,zi,yjieH fljia onpe,zi,ejieHHH toh caMoii flBoii- 
CTBCHHOCTH, KOTOpaa COCTaBJiaCT CyipHOCTb SepKajIbHOH chmmctphh. IIpH 3TOM 
rjiaBHaa npoGjiCMa — b “Gcckohchhocth” jiarpanaccBOH reoMCTpHH b hpothbobcc 
KOHCHHOMcpHOCTH rcoMCTpHH ajircGpaHaccKOH. 

3Ta npoSjiCMa pemacTca BBCflCHHCM ycjiOBHii cnepnajibHOCTH na jiarpanace- 
Bbi noflMHoroo6pa3HH: paasHBaa H,zi,eio KajiH6poBaHHbix jiarpaHJKCBbix phkjiob, 
A- MaKjiHH H H. Xhthhh (cm. [4]) npcfljiojKHjiH ycjiOBHC cnepnajibHOCTH na 
jiarpaHJKCBbi noflMHoroo6pa3HH K3JiepoBbix MHoroo6pa3HH KajiaGn - 51y, koto- 
poe npHBOflHJIO K KOHCHHOMCpHblM MO^JIHM. Cpa3y BCJICfl 3a 3THM HOaBHJiaCb 


1 


SYZ - rnnoTcaa ^jih TpH4)OjiflOB Kajia6H - 5Iy (cm. [5]), oStHcnaiomaa sep- 
KajibHyio CHMMCTpHK) B TcpMHHax cjiGCHHit Ha cnepHajiBHBie jiarpaHJKCBBi Topti, 
o.ii,HaKO MHorojiCTHbie hohbitkh hoctpohtb cnepHajiBHbie jiarpaHHccBbi cjiochhh 
H a rjiaflKHx MHorooGpasHax KajiaGn - 5Iy ne yBCHHajiHCb ycnexoM, hto npHBejio 
K nocTcncHHOMy cna^y nonyjiapHOCTH SYZ - KOHCTpyKpHH b xpyrax MaiCMa- 
THHCCKHX (|)H3HKOB, CKOHpeHTpHpOBaBHIHXCH Ha rOMOJIOrHHCCKOM HOflXOfle M. 
KoHpeBHHa. /I- Opy b [6] ntiTajica hcckojibko ojkhbhtb “cnepHajiBHBiii” no^- 
xo.li, K aepKajiBHOH chmmctphh, o6o6hi;hb nonaTHe cnepnajiBHoro jiarpaHSKCBa 
noflMHoroo6pa3Ha na cjiyaan MHorooGpasHH Oano, npn 3tom cnepnajiBHOCTB 
CTaHOBHTca OTHOCHTejiBHOii — ycjiOBHe cnepnajiBHOCTH 3aBHCHT ot Bbi6opa ,ii,h- 
BH3opa H3 aHTHKaHOHHHCCKOH jiHHCHHOH CHCTCMBi Ha MHoroo6pa3HH OaHO (ho- 
3T0My MO>KHO onpe.zi,ejiHTb no.zi,xo.zi, Opy khk oGoGmeHHe KOHCTpyKpHH MaRjInna 
H XHTHHHa Ha MHoroo6pa3HH KajiaGn - 5Iy “c KpacM”). /Jjih TopnaecKofi npocK- 
THBHOH HJIOCKOCTH HCKJIIOHeHHe aHTHKaHOHHHeCKOrO flHBH30pa, COCTOHm,erO H3 
Tpex npHMbix, no3BOJiHeT hoctpohtb cnepnajiBHOH cjigchhc b cmbicjic Opy, koto- 
poe npocTO coBna^aeT co CTanflapTHBiM cjigchhcm JlHyBHjijia; /J. Opy nocTpoHji 
cnepnajiBHoe jiarpaHJKCBO cjigchhc npn hckjhohchhh npHBOflHMoro ,ii,HBH3opa — 
npHMoii H KOHHKH — H BBiCKa3aji THHOTCsy o cymccTBOBaHHH cncpnajiBHoro 
jiarpaHJKCBa cjiochhh na flonojiHCHHH k rjiaflKofl: gjijihhthhcckoh KpHBoii, OflHa- 
KO flo CHx nop 3Ta rnnoTcaa flOKanana hc Gbijia. KpoMC npHMcpa h3 [7], r,ii,c 6bijio 
HOCTpocHO cncpnajiBHOC b cmbicjic Opy jiarpanjKCBO cjigchhc na MHoroo6pa3HH 
(JijiaroB F^, 6ojiBmc hhhcto flo chx nop b 3tom nanpaBjiCHHH c,ii,cjiaHO hc 6bijio. 

B paGoTC [8] 6 bijih pasBHTBi h.ii,ch jiarpanaccBa rcoMCTpHaccKoro KBaHTOBa- 
hhh, a HMCHHO — 6 bijih HCCJiCflOBaHBi MOflyjiH jiarpaHJKCBBix no,ii,MHoroo6pa3HH, 
yflOBjiCTBopaiomHx ycjiOBHio Bopa - SoMMcpiJicjiB^a. IIo saMcaanHio A.H. Tio- 
pHHa, ycjiOBHC Bopa - 3oMMep(J)CJiB.zi,a “TpancBcpcajiBHo” ycjiOBHio cncpnajiB- 
HOCTH B cjiyaac Kajia6H - 5Iy, OTKy^a mojkho 6bijio 6bi onpc.zi,cjiHTB kohchhbic 
HHB apHaHTBi fljiH TpH4)Oji.zi,OB KajiaGn - 5Iy, 3cpKajiBHBie HHBapnaHTaM Kaccon- 
ca, CM. [3]. Mbi pa3BHBacM 3Ty H,ii,eio, bbo,ii,h hoboc ycjiOBHC cncpnajiBHOCTH na 
6op - 30MMcp(J)CjiB.zi,0BBi jiarpaHJKCBBi no.ii,MHoroo6pa3HH, hto npHBOflHT k hhtc- 
pCCHBIM Ha6jH0.ZI,CHHHM. 

IlyCTB (M, (jj) — KOMnaKTHOe 0flH0CBH3H0C CHHJieKTHHCCKOC MHOrOo6pa3HC, 
yflOBjiCTBopaiomec ycjiOBHio Bopa - SoMMcpeJicjiBfla: Kjiacc [a;] € Fl^ (M, R) hb- 
jiacTca pcjiOHHCJiCHHBiM. Torfla saiJiKKcnpycM flaHHBic npc,ii,KBaHTOBaHHH: jih- 
HCHHOC paCCJIOCHHC L ^ M H OpMHTOBy CBH3H0CTB a Ha HCM, TaKHC HTO (|)OpMa 
KPHBH3HBI Fa = 2mUJ, HpH 3T0M THKaa CBH3H0CTB nOCJie.ZI,HHM yCJIOBHCM OHpCflC- 
jiCHa o.zi,H03HaHHO c tohhoctbio .3,0 KaH6poBoaHoro npco6pa30BaHHH. JlarpaHJKC- 
BO noflMHoroo6pa3HC S C M y,ii,OBjiCTBopHCT ycjiOBHio Bopa - SoMMcpiJicjiB^a 
(BS fljisi KpaTKOCTH), ccjiH orpaHHHCHHC {L,a)\s AonycKacT KOBapnaHTHO no- 
CTOHHHOC ceacHHC as- IlycTB s S T{M,L) — npoHSBOjiBHOC rjia.zi,KOC cchchhc 
L. 

OnpeflejieHHe. Haaoee-u BS- AaapaHotceeo nodMHozoo6pa3ue S cnei^uaji'b- 
HU.M oniHocumeAbHo ceuenufi s, ecAu sjs nuzde ne o6paiu,aemc,H e HyAt> na S 
u K03(p(f)U'u,ueHm nponopyuoHaA'bHocmu a{s,S), onpedeAsieMuu U3 paecHcmea 
s|s = a{S, s)as, UMeem nocmoAHHuu apayMenm. 

Tax KaK 3T0 onpcflCJiCHHC hc aaBHCHT ot /],omhojkchhh cchchhh s na jiio- 
6yio HCHyjiCByio KOHCTaHTy, to na caMOM ,ii,ejic mbi onpcflCJicjiH coothohichhc, 
BBIflCJiaiOmCe “h,HKJI HHH,HflCHII,HH” B HpHMOM npOH3BCflCHHH 

UsBsCnTiM,L))xBs, 
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r;i,e nocjieflHHM chmbojiom o6o3HaHaeTca MHorooGpaane MO^jieft 6op - aoMMep- 
(jDejibflOBbix pHKjiOB (|)HKCHpoBaHHoro TonojiorHHecKoro Tnna, cm. [8]. A hmch- 
HO, napa {p,S) npHnafljiejKHT Usbs^ ccjih S aBjiacTca cnepaaaBHBiM 6op - 30- 
MMep(|)ejibflOBbiM OTHOCHTcabHO ceacHHa s, Kaacc KOToporo onpe^eaen tohkoh 
p npoeKTHBHaapHH npocTpancTBa ceacHHii. EcTCCTBCHHbiM o6pa30M onpe^eae- 
Hbi npoeKpHH pi,p2 Ha nepBbiii h BTopoit npaMbie coMHOJKHTean. 

“KoHCHHOCTb” MHOJKCCTBa cnepHaabHbix 6op - 30MMep(J)eabfl0Bbix no^MHO- 
roo6pa3HH OTpaacena b caeflyion^eM (|)aKTe: 

OcHOBHM TeopeMa. Cjiou npoeKv,uu pi : Usbs P(r(M, L)) ducKpem- 

HU. 

KpoMC Toro, HCTpy^HO ycTaHOBHTb HeBbipojKflCHHOCTb flH(|)4)epeHn,Haaa dpi 
Ha Usbs h aoKaabnyio ciopeKTHBHOCTb npoepaa pi. OTCiofla cae^ycT 

yTBepjKfleHHe. UpocmpaHcmeo Usbs odjiadaem K9Aepoeou cmpyKmypou, 
nodnsimou c P(T(M,L)). 

SaMCTHM, HTO B caMOM o6meM cayaae 3to noBBoaaeT HcnoabaoBaTb npo- 
CTpancTBO Usbs h o6o6meHHH KBaHTOBanHa Cypao - KocTanTa. 

O^naKO Hac HHTepecycT cayaaii oaenb KOHKpeTHbiii: nycTb name CHMnacK- 
THaecKoe MHoroo6pa3He (M, w) o6aaflaeT HHTerpapyeMOH KOMnaeKCHoft CTpyK- 
Typoii I, coraacoBaHHOit c w. 3 to anaanT, aTO M ecTb aareGpanaecKoe mho- 
rooGpaane c raaBHoft noaapHaapHeft, aaflaBaeMoit roaoMopcjDHbiM paccaoenn- 
CM L. Torfla mbi noayaacM KOHeanoMepHoe no^npocTpancTBO L)) C 

P(r(M, L)) roaoMop4)Hbix ceacHHit a peflypapoBaHHbiH paxa HHn,H.ii,eHii;HH 

Msbs C P{H'^{Mj, L)) X Bs 

BMCCTe c flByMa ecTecTBCHHbiMH npocKpaaMH na npaMbie coMHoacHTean, koto- 
pbie Mbi CHOBa oGoanaaaeM KaK pi. 

Tor^a OcHOBH2LH TeopeMa Moacea 6biTb flonoaHena caeflyiomnMn yasep- 
JK^ennaMH: 

(1) o6pa3 Pi{Msbs) C P{H^{Mi,L)) cctb OTKpbiToe no^MnoacecTBO b 
P{H\Mi,L))- 

(2) caoH Pi KoneaHbi; 

(3) MHoroo6pa3He MO^yaeii Msbs raa^Koe b oGmen Toaxe MHorooGpaane, 
flonycKaiomee cymecTBOBanne KsaepoBoit CTpyKTypbi. 

IIpHMep. Bo3bMeM B KaaecTBe M npocTcmee B03M0>KH0e KOMnaxTHoe OflHO- 
CBBanoe CHMnaexxnaecxoe MHorooGpaane — xoMnaexcnyio npoexTHBnyio npa- 
Myx) CP^ CO CTaHflapxHOH xoMnaexcHoii cxpyxxypon n xsaepoBoii (fiopMon, 
xaacc xoTopoH abohctbch no IlyaHxape y^BoennoMy xaaccy xoaxn (sxo mhhh- 
MaabHbiii peaoancaeHHbin xaacc, flonycxaiomnii 6op - 30MMep(|)eabfl0Bbi aarpan- 
jxeBbi no,zi,MHoroo6pa3Ha). Tor^a paccaoenne L naoMopeJiHO 0(2), aio6oe roao- 
MopcJiHoe ceaenne c xoanocTbio ,zi,o yMnoacenna na xoncxanxy onpe,zi,eaHeTca 
napoit Toaex (bo3mojxho coBnaflaiomnx) , b xoxopbix axo ceaenne oGpamaexca 
B nyab. Taa^xan nexan 7 C CP^ aBxoMaxnaecxn aarpansKCBa n3 cooGpajxeHnn 
pa3MepnocTH, n ona yflOBaexBopnex ycaosnio Bopa - SoMMepiJieabfla ecan n 
xoabxo ecan ona fleanx CP^ na ,zi,Be oGaacxn pannoH cnMnaexxnaecxoii naoipa- 
flH. B 9X0M cayaae Msbs ecxecxEenno naoMopiJino CP^\(5, r,zi,e xonnxa Q ecxb 
o6pa3 CP^ npn BaojxeHnn Beponeae. Boaee xoano, b sxom cayaae: (1) o6pa- 
30M Pi{Msbs) C L)) = CP^ 6y7,yx ceaenna c nexpaxHbiMn nyaaMn; 

(2) caoH Pi cocxoHx h 3 eflnncxBeHHbix xoaex; (3) xaaepoBa cxpyxxypa c CP^ 
noflHHMaexca flo xaaepoBoii cxpyxxypni na Msbs- 
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KpoMe Toro, na MHoroo6pa3HH MO^jieli Msbs ecTecTBenno onpe;i,ejieHO 
jiHHeiiHoe paccjicenne C c apMHTOBOii CBasHOCTbio A S Ah{C), (l^opMa kphbhs- 
Hbi KOTopoii paBHa KSjiepoBoii (JjopMe, noflHaToft c npoeKTHBHoro npocTpancTBa 
L)), TaK HTO HCTOpHH TOJIBKO HaHHHaeTCH... 

^OKasaTejibCTBO Ochobhoh TeopeMbi, ;i,eTajiH TeopHH cnepHajiBHBix 6op - 
30MMep(|)ejibfl0Bbix pHKjiOB H npoHHe npHMepBi MoryT Gmtb Haftflenbi b [9]. 
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